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‘Linnik, U. V. A new proof of the’ Goldbach-‘finogradow. 

ec. Math. (Mat. Sbornik} N.S. 19(61), 3-8 

(1946). (Russian. English sunumary} 

The author gives a new proof of Vinogradow’s theorem 
that every lane odd integer can-be expressed as a sum of 
three odd pe inses. Phe author's previous preof of the theorem 
(C. R. (Dei iady) Acad. Sci. URSS (N.S.) 49, 3-7 (1945); 
these Rev. 7, 507] was hased on deep results about the zeres 
of L-series in the critical strip, involving an application of 
the Eratosthenes-Brun method. The present paper derives 
Vinogradov's theorem by classical arguments from the 
author's theorem (Bull, Acad. Sei. URSS. Sér. Math. 
Clavestia Akad. Nauk SSSR] 10, 35-46 (1946); these Rev. 
8, 11): if x isan Abelian character mad ¢, LG, x) the corre- 
sponding Dirichlet E-series, $238<1, T2q™, then L(s, x) 
has in the rectangle 820251, {4[2ST', at most 

: Olga THs-o1a) log'* T+q") 
geros: This theorem isn straight forwivrd generalization of 
‘Titechmarsh's theorent on the number of zeros of ¢(s) [ Proc. 
Londoa Math, Soc. (2) 30, 319-321 (1929). 
A. Ueitbroun (Bristol). 
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“On Expressing the L-Seriua by the deta Fuaalian, 
Yu. V. Linnik, 3 pp 


"pok Akad Nauk SSSR, Nova Ser“ Vol LVII, No 5 


Short A@iscussion of simpleat substitutions and trans- 
formations, as of Mellin, necessary in subject prob- 
lem. Submitted by Academician I. M. Vinogradov . 


J a sid 5 F ; 
Se ae at ee Be eg TL a ee 


a ne 
2 5 pe R REL CE ET : 


EDAD Te BES Buy "eg SASF EESTI BY BE PEE EEA CR oT TEN OP EO RR ES ar ; 
ec ae IT ctr Sc oe 


APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2" 


"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2 


eros plant, Ya, V. On nonstatio 7 
Ne nary Meskov chain 
: | RRRESWRN SSSR (N.S) 60, 77 ). Rear 3 
7 = apes that for every n the random variables Xia, Xn, CG 
i, ae ; ies ie ee The wantable Xia can assume 
hin different 3 Givny Clay ***. It is supposed that the | 


' Gq are uniformly bounded and that 2S2, = 
- : == *%j,,==Constant, 
fixed j, 4, let bn be the arithmetic mean of a, a eg | 


& 
3 
So 
o 
3 
8 
: 
4 
< 
> 
o 
8 
8 
PY 
wad 
a 
oO 
a 
3 
r~] 
fo] 
~~] 
aa 
5 
~ 
= 
a 
a 
uo) 
i 


HYNTHAE Na tienalisad iavieu . ; 
AMO a Ma tfienia Ana Waviaua, Val Hay ba : ao jan 
ae, f ale Ae 
he: 


APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2" 


"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2 


ae Vv 


‘Gel'fond A. O., and Linnik, Yu. V. On Thue's method in 
he problem of effectiveness In quadratic fields, Doklady 
Akad. Nauk SSSR (N.S.) 61, 773-776 (1948). (Russian) 
Thue’s method in the theory of Diophantine cations | 
leads to upper bounds for the number of solutions, but in 
general not to bounds for these solutions themselves. The 
implications of this fact in the problem of obtaining all 
imaginary quadratic fields of class number 1 are discussed. 
Further, a generalized form:of the. Thue-Sieget theorem is 
given without proof; it gives the same exponent as Dyson's 
recent improvement of this theorem [Acta Math. 79, 225- 
240 (1947); these Rev. 9, 412]. K. Mahler. 


_ Source: “Katharina tical: Reviews, 
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markova - V. ofl. 2 - Y avt: aon. vanorov. Loklady aad. naik UscSR, 1749 
j re tee ee an aus v STG 2 — mene, 
406 6, 5. 7-10-“yexyumye na ushyek-Yaz.- Bibliopr: 5 siusav. 


SQ. LETOPIS NO. 34 


APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2" 


"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2 


=n oe EE OATS EROS PATS CT Be EPS SY EAT SASS STEED 
a a 


LINNIK, YU. V. 4 SAPOGOV, N. A. 
ee 


37146. IANNIK, YU. V. 1 SAPOGOV, N. A. Mnogomernye integralwnyy 1 lokal! 
nyy zakony diya neodnorodnykh teepey markova. Isvestiya akad. Nauk SSSR, 
seriya matem., 1949, No. 6 8. 533-66. —- Bibliogr: 16 Nasv. 


SO: Letopis' Zhurnal'nykh Statey, Vol 7, 1949 
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* 


aca 8, no. 2636}, 198 (1950). (Russign} ; 
see Phe auther suggests a possible method. for proving ele- : 
~ mentarily Siegel's theorem on the class-number of positive 
_ definite binary. quadratic fornis [Acta Arith. 1, 83-86 
“. (1935)]. He has since constructed it proof on these lines 
~ Clavestiya Akad. Nauk SSSR. Ser. Mat. 14, 327-342 (1950); 
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OO NLinnik, Yu. Ve An elementary proof of Slegel' 

. “hstd or tie tethod of 1M. Vinogradov. . (With an 
; appendix of a short analytical proof.) layestiya: Akad, 
~*. Nauk SSSR, Ser, Mat. 14, 327~342 (1950). “‘(Russian) 


the Dirichlet series whose coeflicients are the Kronecker 
symbol (dfn), The proofs are not very iNuminating, though 
the first one is elementary. in the technical sense. 
; , TL. Meithronn (Bristol), 
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BOs ba _. Cudakov, N..G., and Linnik, Yu. V.. On a class of com- 
ie ("pletely mulfiplicative Fanti Doklady Akad. Nauk 
SSSR (N.S.) 74, 193-196 (1950). (Russian) 
_ ._A generalized character h(n) in. the-sense- ofthe paper . a 
“reviewed -ahave-ig, eoniplefely determined: hy the values of 2 
Alp); where p runs over the primes. The set of-primes £ for. -- 

~ which “4(p) #0 is called the basis of hfs). Te is easy to 
pope eh ee ee A Lcongtruct generalizéd chanicters for whic! ~vhe-hasis consists: 
we em pt exactly one prime, This paper is devot 1 to proving that 
there are no gencralized characters with a finite basis can- 
_ sisting of more than dne prime. ‘The proof uses quantitative 
work of Vinogradov on uniform distribution {cl. Trav. Inst. 
Math, Steklaff 23 (1947); those Rey, 16, se] and wark of 
Gelfinid [Bull Acad. Sel. URSS, Sér Muth: [flevestivn 
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_ALinoik, Yu. V. Some conditional theorems canceming 
} is with prime numbers. Doklady Akad. 
Nau 5.) 77, TS-18 (S50), (Russian) 


' Assuming the Riemann hypothesis for ¢(0) the author 
shows that for every large integer NV and «>0 primes p and 
p’ can be found such that |N--p—~p’| <(log N)'**. The 
proof is based on the formula 
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"Certain Conditional Theorems Concerning Goldbach's 
Binary Problem," Yu. V. Linnik 


"Iz Ak Nauk SSSR, Ser Matemat" Vol 16, No 6, pp 503-5 


Work possesses a,conditional character. It discusses 
deductions which can be made from Riemann's hypothesis 
and various hypotheses on denseness in the direction 
of Goldbach's binary problem (i.e. pep' = 2N). De- 
velopment of previous work (cf. "Primes and Powers of 
Evens," "Trudy Matemat Inst Ak Nauk imeni Steklov" 

Vol 38, 1951). Submitted by Acad IT. M. Vinogradny. 
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"Linear Statistics and the Norma Ler = 
tribution," Yu.V¥. Linnik 


= Brees 


"Dok Ak Nauk SSSR? Vol 83, No 3, =F 2°>- 


wr 


Considers r independent observat:cnt & + * 
tain chance quantity X: %j)-+2%, (reapers 
selection from vol r); and the lines: -=— 
tions of observations (e.g., by 2 === 
least squares). Two such functions ‘Lome 
statistics are:: L, (x)= ax ta, = 

Lo (x) = DyX\+ -- +b ,x,,which are ess . 
a 
become zero for certain values of cnet. 
and b,. Introduces the entire (irtexre. 
function of a complex variable 2: (ae 
fexltt «+ ¢ ley/t = foy[t = oe - Pe 
monstrates a number of theorems reser 
these expressions. Submitted by Ace= a. 


Kolmogorov 24 Jan 52. 
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USSR/Mathematics - Modern Algebra, il Aug 52 
: Admissible Subgroups 


“Free Operator Groups," S. 7. Zavalu 
"DAN SSSR" Vol 85, No 5, pp 949-951 


States that the problem of the construction of 
admissible subgroups is extremely difficult. Gives 
@ complete description of the construction of all 
admissible subgroups of a free operator group with 
&@ group of operators; however, for the case of free 
operator groups with free associative system of 
Operators, a class of admissible subgroups which 
are free operator groups is indicated. Submitted 
by Acad A. N. Kolmogorov 21 Jun 52, 
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Vi Linnik, Yu. V., and Novoselov, V.5. Random disturbances: ¢ : 
of the regular precession of a gyroscope. Akad. Nauk! gb O ; 
SSSR. Prikl. Mat. Meh. £7, 361-368 (1953). (Russian)’ ‘ z 
_; Consider a system | / ar 
“ Pon 


dx; 
(1) as Ly, AO SO, at gadis ‘| , 
2 ai 


where the functions A,() (k=1,---,4) characterize an, 
[-dimensional random process. Let ax(/) denote the mathe-! 


Mathematical Reviews matical expectation of Ai (0) and let 41() =a() 4-dy (1), 80). 

Yol, 15 Noe 2 ‘that the mathematical expectation of the random functions: - 

Fab. 1954 ‘by (t) is zero. Further, let S={SiLxj, A, (tf), £]} denote an-. 

Moohantoa n-dimensional random vector-funetion which for the given, 
values of the arguments characterizes an n-dimensional 
radon process, The initial sata ol the system (1) are 
Insaumed to be random and given by a distribution with 
probability density : 


— 
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P= AM=all), SIS; Ae. ]] <0 
holds. Consider a finite time interval and assume that the 
probable values’of max] b.(t)/ay()| and aneas| (vse 9/9! 


by the functions Sify, Aad), (] may be considered as ux 
collection. of random surfaces having the property that the 
probability is unity that these surfaces have braunded 
partial derivatives 0S;/dx; and 05;/0Ay. Under these as-, 


to the form : 


ds; Wy 
(2) a Ek uOert P(t) (f= 1,++-,n), 


where 
PEM, File e(+Sit), Sit) = Sy (5, al), CO]. 


[phe functions y(t) and Xj,(t) can be easily evaluated and 
ithe system (2) solved with given initial values 2°. 
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are small in this interval. The random process characterized? § 


sumptions the system (1) can be linearized ane reduced | 


* 
introduce ene column matrices B(), SQ) and 2° with the 
ments (2), S(t) and s2 respectively, and assume that 
they represent statistically independent processes, Bis ibs 
S() being, in addition, stationary. In order to secure : 

} 


tinuity of the processes their correlation matrices are as- 
stimed to be continuous. Further, the processes B(A), S(t) 
and # are assumed to have Gaussian distributions. Then 


- 3 {z;(t)] is also a Gaussian process with correlation matrix | 
* Ry and probability density 


(3) Say + bo) = [2 D(R)H" 
xexp | (—1/2D(R)) % Dats. 


int , 

where D(R) is the determinant of the matrix R and Di; 
ra . = 

ire the algebraic complements of its elements. i 
The second part of the paper is concerned with applica al 


of the results obtained to the motion of a gyroscope, Let 0, 
_ w. » be the angles of nutation, precession and proper rota] 


tion of a gyroscope, respectively. Furthermore, Iet A and C 
‘he the moments of inertia of a gyroscope, nt its mass and 2 
‘the distance of its center of gravity from the fixed points 
‘Then the Lagrangian equations of motion can be put in 
‘the form F : 
§=y" sin 0. cos 0 —(C/A)(o+¥ cos 8)¥ sin 0 

: . + (mgl/A) sin 0+ALy/A, 
'P=[C( e+ cos 0) cos 0—-2A¥0 cos 0)/A sin O+Ms/A sin? 0,! 
fre a } > ad } 
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ition aateisn Koot the procens e— fae) } cca tee eabibiredt ! 
‘Finally the density of the distribution of the deviations oly 
ithe motions of a gyroscope from the regular precession can; 
‘be evaluated by formula (3). a, Leimanis u- 
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(Russian) 
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Inst. Steklov. 38, 152-169 (1951); these Rev. 14, 355) the 


ised Rie 
thesis. If 2 in replaced by an integer g>2, the 
proof also applies, & be 


coming a function of g. The autkor 
also states that any large integer, written jn the binary 
' stale, can be anged into a Goldbach number by altering 
ts bounded nurhber of digits only. H. Heilbronn, 
i 


Gi Sisvaielanba saan ad | hits ts a Continuation of a previous paper [same Doklady}... 

Vol. 15 Nod : * _1(N.S.) 83, 353-355 (1952); these Rev. 14; 60] and. we refer|;~~’ 

be ; Rega ee 4 {to the previous review. A simple sufficient condition that|*: 
Pag 5 ss '{(B) implies (A) i given, 


ek A: oe ~ Inormal Jaw jin (A) is replaced by a convo 
ors eae aL | 


metrical stable laws, follow 


t secpnd asserts 
‘ rm ¢?) in —6Suss where P is a! 
polyndmial, then it is so 


:, tee SFY, _| their sum, in the sense that t r '9hG00930010015-2" 
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Author 1 Pelrov, Vi V., and Linnth, Yu. Vv. (revlewern) 


“Weber gente ah ie Gis ide 
Review of the book ‘Teoriya veroyatnostey' [Theory of probabilities], 
V. A. Unkovskiy, Navy Press, 1953, 320 pp, 10.90 rubles 


Title 


Periodical : Usp. mat. nauk, 9, No 3(61), 278-282, Jul-Sep 1954 


Abstract $ The content of the book consists of the following: principal con- 
cepts and theorems in probability theory; Bayes formulas; binormal 
distribution; random quantities and their characteristics; law of 
large numbers in the Chebyshev form; properties of the normal dis- 
tribution and of certain other distribution laws; concept of the 
Lyapunov limit theorem; the laws governing the distribution of func- 
tions of random quantities 3 probability distributions in the plane 
and in space; elenents of mathematical statistics including A. N. 
Kolmogorov's criteria of agreement [soglasiya] and chi-square (without 
proof); method of least squares. The reviewer states that the book 
cannot be recommended as a textbook for any class of reader because 
of the numerous errors of printing (more than 100), besides errors 
of a technical nature. 
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Institution ¢: 


Submitted $ 
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Statistical characteristics of surface profilograms, [I2d.] 
LONITOMASH no.34:223-229 '54, (MLRA 8:10) 


1. Chlen-korrespondent Akademii nauk SSSR (ror Linnik). 2, Lenin- 
eradskiy gosudarstvennyy universitet imeni A.A.Zhdanova. 
(Surfaces (Technology )) 
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Authors 4 Linntk, Yu. ve; Newb, Conres. of Acad, of Sc. USSR 
ve ‘Title ag Revenrob ie cis Louctch of integral points on a sphere 
ME Periodical + Dokl. AN SOSR, 96, Ed. 5, 909 - 912, June 1954 


os Abstract 4 Some’ preliminary results regarding the asymptotic distribution of integral. 
aces : _ points on a sphere were obtained by A. V. Malyshey and the author. The 
hypothesis concerning the existence of a uniform asymptotic distribution 
ds basically confirmed in this report. Nine references, 
‘Institution : The A. A. Zhdanov State University, Leningrad. 
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Authors” 9 Linntk, Yue Ve 
' Title _ © An asymptotic distribution of reduced binary quadratic forms in connection 
_ with the Lobachevskian geometry (II) 


Periodical U Vest. Len. un. ser, mat, fiz, khim. 5, 3-32, May 1955 


Abstract * ‘In connection with an interpretation of the Lobachevskian geometry, a 
series of lemmas and theorems is presented. By their proof, the 
asymptotic distribution of roduced binary quadratio forms used for pre-~ 
sentabion of points on a plano (Lobachevekian) is conformed, The proot 
and sonformation are assempiished in view of the Cayley thooraa with 
a Wr UF Lhe imibrde muthods Twetiby-s18 Feferaivant i Uestinetiy 
SW4bta, and He WAR CLM TU4ah), 
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: strttic forme in relution te the ccametdetht 
Lobaterskit. TIF 1. Vestnik Leningrad. Univ. 10 

(1955), no. 2, 3-23; no. 5, 3-32; no. 8, 15-27. (Russian) Se 


enw erate 


Let A consist of those points (a, b,c} in three-dimen- 
sional Euclidean space such that !2b! <a --c or OS2b<a==c 
or 0<2b=sasc. Let © be a convex cone with center at the 
origin lying entirely cither in that portion of A for which 
¢&a or in that portion for which c2Aa, where K is a 
: given positive number >i Let A(A) be the volume of 
that portion of A lying inside the byperbuletd ac --b# 2s} 
and similarly for A(Zs. (ihus if we revard the positive 
sheet of the hyperboloid ac- b4-<) asa ceatcutien of the 
Lobatchevskian plane in the usual way, A(Yj 1s a constant 
times the Lobatchevskian area of that portion of the 
_ hyperboloid which lies in 2.) Tf D is an odd nositive integer 
let 4(—L) be the number of lattice points (a,b, cion the —, 
, hyperbolsid ac—b¢= D such that a, 2b, and c have gcd. | 
“aiid (a, 8, c) lies in A, and let he{--D) denote the number 
of these lattice points which also lie in X. Thus. if to each 
triple (a, b,c) we make correspond the binary quadratic 
form ax?4-2bxy+cy?, then A(—D) is the number of 
= reduced” properly primitive binary quadratic forms of ~ 
determinant ~D. (Still another interpretation is in terms ~ 
of 2 by 2 matrices L such that L2-:—DIJ, where I is the 
2 by 2identity matrix ) By the Heilbronn-Siegel Theorem 13 


h(--D) tends to infinity with 2. The anthor proves that 
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{—Djip)==1 for some fixed odd prime number f, then 


Be 8 Btn yl oe D) BYA (AS 


This is an improvement of a result. announced aartler 
eeievaon ans Akad. Nauk SSSR (N.8.) 93 jes) 973; MR 18, 
eg 6): ta the. effect that if J is sufficient y large, then 
se hin Info din(—D)/h(—D)>0 (with the. same set. of a 
values.for. D). The arguments employed are related-to : 
ose used -in. proving a similar result concerning the: _ 
Symptotic distribution of lattice points on spheres {ibid. . 
6 (1954),909-912; MR 16,451. A certain generalized’. 
‘quaternion algebra is an important tool. (The reviewer . 
believes that in § 43 there is a minor error ina volume ; 
calculation which the author makes in applying the main : 


‘theorem to a special situation}... BP. LT. Bateman. 
ee a Linnik, Ya. Ve An ‘new arithmetic application of the 
"geometry of Lobatevskii, Dopovidi Akad. Nauk 

’ ’ Ukrain. RSR 1955, 112-114. (Ukrainian. Russian 
> summary) 
‘A sumraary of the paper reviewed above. f 
ne o/ 3 


P.T. Bateman (Princeton, N. [.). 
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oo ALinnik, Yu. ¥. i laa the analytical arithmetic 
—“of quatermions and matrices, MRrestnik Leningrad. Univ. 
+. 11°(1956), no. 13, 63-68. (Russian) 

': A proof using less recherché machinery from the theory 

-.. of probability of the ‘author's result about primitive 

‘ integral quaternions B which can be expressed in the form 

2: RyRa-++Rs, where cach Ry is an integral quaternion of 

fixed norm 7 [Uspehi Mat. Nauk (N.5.) 9 (1954), no. 

4(62), 203-210; MR 16, 1002}. The present proof is also 

__ valid if B is'a primitive integral 2 by 2 matrix and the Ry 

-.aretaken from a fixed set of representatives of the classes 

:-of integral matrices of determinant r under right as- 
sociation. [Cf. the paper reviewed second above.]} 

WS. Cassels (Cambridge, England). 
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(Diotributton(Probability theory )) 


APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2" 


"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2 


manne ere -eteanee 


ai . Nifotal Geiquyteyie Ale 
/ bettie m ‘ale {teins ath Miatiayy yt Ur. iclquhs Mat. 
ii 


ny “thn 7 Ate, be AVA th ) (Wakn), 
WEEN 


Aled od bh hark ia qlfediial perpie 14 hase fuedeot a 


APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2" 


"APPROVED FOR RELEASE: 07/12/2001 CIA-RDP86-00513R000930010015-2 


i EE re ft. 7 


+3 | 7 A 
I A ee 


Linn, Yu. V- 

SUBJECT USSR/MATHEMATICS/Theory of probability CARD 1/1 PG - 307 
AUTHOR ZINGER A.A., LINNIK Ju.V. 

TITLE On an analytic generalization of the Cramér theorem and its 

‘ appliaction. 


PERIODICAL Veatnik Leningradesk. Univ. 10, No.11, 51-56 (1955) 
reviewed 10/1956 


The authors prove the following generalization of a well known theorem of 
H. Cranbr (Random variables and probability distributions, Cambridge Tracts 
36, (1937)) : If £,(t),f,(t),...£,(t) are characteristic functions, 


EL a positive numbers and 2 
iy t- 9 


(1) £'(e)2, 2(t) weet M(t) = 


is valid for -o0 <t<+ om, where y is a real nuaber, then f ,(t) is the 


characteristic function of a normal distribution (j=1,2,...,8). This theorem 
ie applied to give a new and simple proof of a theorem of V.P.Skitovic 
(Izvestija Akad. Nauk 18, (1954) 952) according to which if z,,xX5,---»X, 


are independent random variables, a, and by (ke1,2,.--,n) real constants, 
rn 


further Wy" 7 af, antl kd 2: Met are alamo independant, than, Cor those 
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HALD, Anders, 1913- ; VOROB'YERV, N.N. [translator]; PETROV, V.Y. [translator]; 
KHUSU, 4.P. [translator]; LINNIK, Yu.¥., redaktor 
(Statistical theory with engineering applications. Translated from 
the English] Matematichenkaia statistika 6s tekhnicheskimi prilozhe~ 
nifami.  Paraved a nue titakose NOM Vnrohtegn, VioV Patrogn tf AP 
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"A course in the theory of probabilities.” B.V. Gnedenko. Re- 
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(Probabilities) 
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LINNIK, Yu.V. 
AES 
On polynomial statistics in connection with the analytic theory of 


differential equations. Vest.Len.un 11 no.1:35-48 '56.(MLBA 9:5) 
(Differential equations) (Mathematical statistics) 
(Distrubution (Probability theory) 
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HUNIECT USOR/MATURMATIOS/Numbar theory CAN 1/1 Po - 308 
AUTHOR KUNI LJUS 1.8., LINNIK Juev. 
TITLS An elementary theorem of the prime number theory. 


PERIODICAL Uspechi mat. Nauk 11, 2, 191-192 (1956) 
reviewed 11/1956 


By a very simple argument the authors show that there are infinitely many 
pairs of prime numbers Py» Po such that P1Po = ae + p? and 0<¢b<log P{Po» 


where a and b are integers. 
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_ SUBJECT USSR/MATHEMATICS/Statistics caRD 1/2 PG - 634 

- AUTHOR LINNIK Ju.V. 

' TITLE A problem of the differential algebra arising from mathematical 
statistics. 


PERIODICAL Uspechi mat.Nauk 44g Bs. 169-170 (1956) 
reviewed 3/1957 


Let KyrXgreerr%y denote independent and identically distributed random 


variables having the distribution function F(x) and the characteristic 


function y(t). Let us put S = X,+%5+ «°° +x, and denote by Q a polynomial 


of the variables XyXoree° x3 


k k k 

4 2 n 
(1) Q = 2b, ok 21 Xp see Xy 
2 n 


The condition that Q and S are independent leads to the following aifferential 
equation for y(%): 


(2) p(t) = D(o) (y(t))"s 

BnETe kteeetk (k,) (x,) (x_) 

(3) Ct) = Sa ae (-1) | my V(t) y 2 (t) ey ” (4): 
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- Uspechi mat.Nauk 11, 3, 169-170 (1956) CARD 2/2 PG - 634 


Thus the statistical problem of determining the distribution functions F(x) 
which have the property that S and Q are independent, leads to the investigation 
of all solutions of the differential equation (2), i.e. toa problem in 
differential algebra (see H.Ritt, Differential algebra, N.Y. (1943)). 
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__LINNIK, Yu.¥.; MARKUSHEVICH, A.I. 
+ SYREN REIS Sg Bea 


Aleksandr Osipovich Gel'fond (on the 50th anniversary of his birth). 

Usp.mat. nauk 11 no.5:239-248 S-0 '56, (MLRA 10:2) 

(Gel' fond, Aleksandr Osipovich, 1906-) 
(Bibliography-—Mathematics) 
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LINNIK, Yu.V. 


Markov's chains in analytical arithmetics of 
quaternions and 
matrices. Vest. Len, un, 11 no.l3:63-68 "56, (MLRA 9:10) 


(Probabilities) 
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LINNIK, Yu.¥. 


Theory of probabilities in practice, Nauka i zhizn' 23 no.10:11-13 
oO '56. (MLBA 9:11) 


1. Chlen-korrespondent Akademii nauk SSSR, 
(Probabilities) 
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mean with respect to. 7 Man c€q) | if the conditional 


. expectation. of P for. fixed. Tis independent of the value 

Of 7. The. author states sufficient. conditions that; when’ | 2. ae 

_ .uch‘a polynomial is invariant in the mean with respect 

Ce to Pasay ess -p4_, one can conclude that the one-di- 
: a oie 


mensional distributions are normal. *He shows how this 
“theorem can be-deduced from‘a theorem on analyticity of - 
Seasons: a an algebraic differential equation. 


eg. Kaplan. (ing. Arbor, AMich.). — 
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(Probabilities) 
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ABSTRACT: We consider the problem | of a least sjuare estimation of 
the matrix of "elements" 


by means of the equations: 


Y= x60) + XA, 


where x(0) = xo} x Xoo 3 Xe %,,=| x, 
' 
Card 1/6 
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52-3-4/9 
‘Bome Remarks on Least Squares in Connection with Direct and Inverse 
ocation Problems. 


N is greater than n, and that the rank X is equal ton. 
In such a case it ig possible to obtain an evaluation 

of the elements of A by the method of least squares. 
If the evaluation is denoted by & we have 


Kec xe (Lx), (Eq.1.3) 
CaO, eX PX (Eq.1.4) 


4s an indefinite symmetric matrix. In Ref.2 
APPROVED ROR REDEABEINOF/d2/a0 Cho cGisdRDBRS6-005 13R0009838010015-2" 


intervals for the several estimators of aj, @o, «++, ay 


and proves that to obtain fuller information it is 
essential to use in the construction of the corresponding 
statistics all the elements of the matrix @*C™ , and 
not only its diagonal elements which occur in the con- 
struction of the above-mentioned confidence intervals. 
Such considerations lead to the construction of confidence 
domains for the estimators of all or some of the elements 


where 
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é 52-3-4/¢ 
Some Remarks on Least Squares in Gonnection with Direct and Inverse 
Location Problems. 
Theorem. Let G =Gpy be a known mxn matrix with 
range m; He= : we GA; Z2- : the general coordi- 
-l1,T 


nate vector; C «= xt PX; K «GC 1g 3 


1 
the matrix of least square estimates of A; 


peer Ml 


7 = x!) - XA - 1; H - GA 


Then K is non-singular, and the confidence ellipsoid 3y,° 


(2 - ByTauct(z -B) =Yq [PF] 


Unrd 6/6 anvern the paint % # i with the probability po, where 
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(z oe. 2 lendod 
nF = lev ] 
ec whioh La tantamount to the construgt ion 


of the woll known separate contidense Intervals Lor “1s 
involving Student's distrihution. An application to 
geodetic location problems on a plane is ywiven. In this 
caso on w 2, and tho equation Boy Healy )m po ia 
Holvable tn olomentary Cunottonn. 

Vheorve ate HC tycuren and ¥ reforangean, G Of whtloal mre Slavia. 


SUMMIT PHD: Marly bit, las, 
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SARYMSAKOV, T.A.; LIWWIK, Yu.¥. 
eee mentee tae Tee 

Nikolai Pavlovich Romanov; on the cecasion of his 50th birthday. 
Usp.mat.mauk 12 no.3:251-253 My-Je '57, (MIRA 10:10) 
(Romanov, Hikolai Pavlovich, 1907- ) 
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SINGSR, A-A.: LINNIK, Yu.v, 
(ash AGI ARIEL ir co 
One clags of differential equations and its applicatisa to certain 
problena of the regreasion theory (with summary in English). Vest. 
IGU 12 no,7:121-130 '57. (HLRA 10:6) 
(Differential oquntirne) 
(Distribution (Probability theory)) 


AUTHOR: LINNIK,Yu.V. (Leningrad) 39-2-6/7 
nnn, 
TITLE: Asymptotic-Geometric and Ergodic Properties of the Set of 


Integral Points on the Sphere (Asimptotiko-geometricheskiye 1 
ergoticheskiye svoystva mnozhestva tsaelykh tochek na sfere, 


PERIODICAL: Matematicheskiy Sbornik, 1957, Vol. 43, Nr.2, pp.257-276 (USSR) 
ABSTRACT: The author considers the integral points of the sphere 
2 

=m, m31,2 (mod 4) or m=} (mod 8). K,(m) 
is projected from the center onto K,(1). Let vr, be a closed 


K,(m)s x ty +2 


convex domain on K,(1) with a piecewise smooth contour, let ["be 
APPROVED FOR'RELEASE? 69/12/2001" (Ura RbESé-bd519R008996020015-2" 

integral points on K,(m) inside of [ 5 H\(f) - number of 

primitive points. Let H( K,(m)) = H,(m) and H(K,(m)) = H(m). 


The author proves a theorem which is a certain geometric 
completion of the result of Siegel ln Hi (m)n 5 In n. 


Theorem: Let q>3 be a prime number such that oe = +1. Let 


nee Gf) be the solid angle under which [can be seen from the 
ard 1/2 center. For m—»oothen we have 
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LINNIK, Yu.V., Corresponding Member of the 207/67 
Academy of Solence of the U.8.9SLR. 

TITLE On the "defining" Statistios; a Generalization of the Problem 

: of the Moments. 
(0b “opredelyayushchikh" statistikakh; odno obobshcheniye problemy 
momentov ~ Russian) 

PERIODICAL Doklady Akademii Nauk SSSR, 1957 Vel 113, Nr 5s Pp 974-976, (U.S.S.R.) 

: Reeeived 6/1957 . Reviwed 7/1957 


ABSTRACT X is assumed to be a onedimensiona} change quantity with the law of 
distribution F(x) = P(X¢x), and (X15 505636: ep) de enelnad be be 
cerrespending, repeated seleotion (of a chance veoter with indepea- 
dent compenents distributed according te the law F(x)). Indirest ob- 
servations are carried eut on X, which furnish the values of a certain 
centinuous statistic Q(é ). The follewing preblem may -then be set 
up: In what cases de ebservations ag te the statistic a(t ) pernit 


/ AUTHOR 


tistic Fo(x) = P(Q¢x) is exactly knewn, the law F(x) bas to be de- 
termined uniquely. If it is pessible to de se at a given statistic 
aC ¢) in the class ef the laws R, the statistic Q( — )is deneted as 
defined in the clasa R ef the laws F(x). The investigatien of the 


defining statistics and the Glasses ef laws corpespeading te then 
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oe es 20-5-7/67 
On the "defining" Statistics; a Generalization ef the Preven 
eof the Mements. . ~ 


loeked upen as a seneralizatien ef this preblem. The auther here 
investigaties hemegeneous statistics Q- Three theerens and @ oerres- 
pending lemma are Given. As a pYoef of thia theores seme nenlinear 
integre-functional equations are to be studied (met carried out here). 
When investigating the uniqueness of the solutions ef these integral 
equations, the integral equations within the demain ef the Blight in- 


oreagen of the solutions are linearized approximatively. 
(No illustration). 


ASSOCIATION Leningrad Department ef the Mathemationl Institute "STREKLOV, via.” 
of the Anedemy ef Ralenne ef the ULALALH. 
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AUTHOR _LINNIK, Yu.¥., Corresponding Member of the Academy of Sciénce: 
of the USSR. 
TITLE On the Compositiom of the Probability Theorems By Gauss and 


Puasson/read Poisson/. 
(0 kompositei’ veroyatmostmykh sakomoy Gaugsa 4 Puaszona.c 


Russian) 
PERIODICAL $Doklady Akademii Nauk SSSR 1957, Yol 114, Mz 4, pp 21-24 (USSR). 
ABSTRACE The paper uader review contaims a brief diacussion of the proof 


of the fellowing theorem which representa # generaiisetion of ¢he 
weuicknowm ty Ho: Cramer and DoA. Rayko7, 

Theoren: The composition of the theorems by Causs and Puasson 
Trond Potesos/ cam. be decomposed only imto the simiiar compositions, 
with the sum of the disperaicas of the Gauss texme of sum being 
equal to the dispersion of the Gauss maim oompomsas. The same is 
brue ala for the Puasaca/read Potsson/ terme of sum. 

Firat of all, tha paper under review elaborates on tha formulation 
of this theoram, ian « presupposition in given for the proof of 
thia theoren. Faia proof ie mods baesd on the theorems by H.Cramer 
and oA. Rykovz; for the time beimg, it is vary complicated amd 

3 basec itaslf om many fasts of the theory of the whois functions 
as well eas of the functione, summabdie in avgorisasa with Lebesque, 
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AUTHOR: tiaras Yu.V. 20-4-7/51 
orr Member AN 
TITLE: Some e ft mee 


orems on the Decomposition of Unboundedly Divisible Laws 
.Nekotoryye teoreny o razlozhenii bezgranichno -delimykh zakonov) 


PERIODICAL: Doklady Akademii Nauk SSSR, 1957, Vol.1 16,4r, 4,pp- 549-551 (USSR) 


ABSTRACT: Let X be a random variable with the unboundedly divisible law F(x). 
For its characteristic function P(t) holds: 


@ 


fe] 
(1) Tn p(t )= Arey? [ cott= 1 Pkg AMCs foal tS 


a SEL «), 
fos F 


few 


‘ or ib ‘ia 
(4) Ingp(t) Pte ~ yes 2. Ap(e / -1), 
m=1 


where N<o, r 20, Mn? > ra converges. The charact Faatic 
function of the single Poisson component Y_ is exp ( Aye m4) 


Mat Pita = » The spectrum is. called rational if h,/-P 1 is 


rational for. all m,l. 

Theerem.1: Let FP be an unboundedly divisible 

positive, rational finite or countable Poisson ‘Spectrum and. 

with y >0. In order that F has only unboundedly divisible 0015-2" 

components it is da S 6590528R00603001 = 
APPROVED -GRIGRAGEARE! APTIULIGON?, NE pate 


ent with the decreasj ng number 
Card 2/4 sequence 


law with a -bounded, 
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Some Theorems on the Decomposition of Unboundedly Divisible Laws 20-4-7/51 
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Jume Theorome on the Nesoompunttion of Unbuundodly Niviatble Laws 20-4-7/91 


where P,(it) in a polynomial of at most third degree and gd (4) 


is_a real. function on [o,a] summable in tho square. 

A further theorem gives the form of the characteristic functions 

in the oane of a poattiive, bounded apeotrum baing rational at 

thea rhabt of Wy. 
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AUTHOR: LINNIK Yu.¥., Corresponding Memter, Acad.of Sei. USSR 20-5-5/48 
re ee 
TITLE: On the Decomposition of Unboundedly Divisible Laws (0 razloshenii 


bezgranichno. deliaykh. szakonov,) 
" PERIODICAL: Doklady Akad.Nauk SSSR, 1957,Vol.116,Nr.5,pp.735-738 (USSR) 


ABSTRACT: The present paper is an extension of the results obtained in : 
the..preceding. paper (Doklady Akad. Nauk,Ser.Mat.,1957,Vol.116,Nr.4). 
. The. notations are the same ones. 
Theorem: In order that an unboundedly divigible law F with a 
- Gaussian component ( ¥>0) can be decomposed only into unboundedly 
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numerous examples. Starting with the introduction of the 

necessary fundamentals from algebra, probability theory, and 
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ABSTRACT: About 20 years ago the well-known work of G. Kramer 
(Cramer)(Ref.1) on the factorization of the normal law 
initiated a series of investigations on possible 
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laws. Papers on this topic were written by P. Levi 
(Tévy) (Refs.2-3), A.Ya. Khinchin (Ref.4), D,A, Razloy 
(Refs.5-6), R.A. Fisher and D. Dyuge (Dugud) (iat. 7. 
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have been indicated in several papers. For example, 

the Gaussian law G € I, (Cramer, Ref.1), the Poisson- 
ian law P ¢ I, (Raykov, Ref. 5,6); and the composition 
of the Gaussian and Poissonian laws belongs to I, 
(Linnik, Refs.11,12). 


Theorem 1. For an infinitely divisible law with a 
Gaussian component >0 to decompose only into infinitely 
divisible components it is necessary that its Poissonian 
Spectrum be finite or countable. Moreover, the cor- 
responding Poissonian frequencies Hon and Vn must 
coincide with the following series of numbers: 
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